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logical form i

Rules for developing gaps

as resource
Proof by Cases (PC)

as goal
Proof of Exhaustion (PE)

what is required

added resource

Attachment rules
rule
Co-alias Equation (CE)

oV W oV n .
" ~E g
] | R
L v
- x o on Cllevy nPE| oV y
W ; OR
X n : -y
x nPC| |x | N
disjunction Modus Tollendo Ponens (MTP) m | | lo n
PVy -% ¢ [available] e () | |evy nPE| |V wy
PV W VY no
N '
nMTP | | ¢ !
z z
-% y [available] -y () m
Clevw ovy n
T - "
| nMTP| | @ |
Ll x :
m Rejecting a Conditional (RC) " Conditional Proof (CP)
" P o=y n "
| : ¢
m I X
: ¢ n : W n
: - W e —w nCP||o—w
| H n |
' L nRC||L '
m Modus Ponendo Ponens (MPP) m
conditional ! | ¢ [available] ¢ n)
P=>VY L e-w e S
=~ ampp| |y

—%  [available]

Q=W

X X

Modus Tollendo Tollens (MTT)

-t v (n)

- nEG||3x0x X

I I
d m m [t and v are co-aliases] [t and v are co-aliases]
T and v ' '
. ! T=0 !
are co-aliases | | - nCE X
¢ ¢
h i . . Congruence (Cng)
ave co-alias ! e
i H 1 | [have co-alias relations: [have co-alias relations:
relations " " T— ], o Ty, Ty s Ty,]
T1—Vy, ' '
’ ’ ' ®C~...C= ' Ty Otp-1y (n)
and Ot -7, is ! 2 Cng | 6010, X
available : : v!
' e @
m " Existential Generalization (EG)
ot ot (n)
Ot is available :  3JIxOx .

prerequisite

the goal is L

Rule for lemmas
_ rule
Lemma for Reductio (LFR)

@ n

1 n LFR

T
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Rules for closing gaps (truth-functional logic) Rules for closing gaps (equations)

n Ne=

when to close | rule In addition to the following rules for closing gaps, if the conditions for applying any rule are met except for
resources m goal m Quod Erat Demonstrandum (QED) differences between co-aliases, then the rule can be applied and is notated by adding “=" to its label; QED= and
' e Nc= below are examples of this in the case of rules for closing gaps.
1 1 a1l 4 1
. . ¢ [available] ¢ () when to close ! rule
' ' 1 1 .
P L - co-aliases resources | Equated Co-aliases (EC)
H H nQED| |¢ m m [t and v are co-aliases] [t and v are co-aliases]
H H Non-contradiction (Nc) T—0L " any " -
m m - @ [available] e (n) m m ' =0 n EC
@and -~ L ' |% [available] e ' ' ' Distinguished Co-aliases (DC)
h | N h h I
| | m m m [t and v are co-aliases] [t and v are co-aliases]
; ; n Ne . —0 ml_ T=0v m nT=v nT=v (n)
-
! ! Ex Nihilo Verum (ENV) ' ' .
H H . | apc| |1
any ; T ; R PS : : |
1 1 ZENV | T ! ! QED given equations (QED=)
T T - g - i i ?.mé co-alias relations: ?.m,\o co-alias relations:
! ! Ex Falso Quodlibet (EFQ) ! ! Ty, o Ty, =0, = Ty—0,]
h h Ti—0y, ey H
: : t 1 @ o : : “Tn (n)
1 rany ! T : -
| | - . ,
n EFQ : :
i | ® : : Poj--o, n QED= n
m " Non-contradiction given equations (Nc=)
H H [have co-alias relations: [have co-alias relations:
. . TI—0p, 0 T—0,] TI—0p, 0 T—U,]
T —0y, = | wa_...d‘_ ! Pty (n)
o mJ Fo1-0 m = Popeoy, - = Pojeny, (n)




